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Aocknon 1 1000-8933
Na vroAoyioBei o mAfBoc Twv 4-dhipLwy aptBudy mov umopolue va
kataokevdoovue pue ta Ynpia {0,1,3,6,7,8,9} érav

i) ta ¢npia Touc umopoly va emavadauPdvovral

Kd e 4-Priproc aptBudéc ka Bopiletar povadikd va emirélovue ta
4 ¢npia Tov.

x 'y z w {0,1,3,6,7,8,9}
[a o x umdpyovv 6 emiAoyéc (to 0 edarpeitar).
la to y vrdpyouv 7 emiAoyéc.
la o z udpyouv 7 emAoyéc.
la to w umdpyouvv 7 emiAoyéc.
Apa, amé tnv moAramAaoia otk apx1j vrtdpxovv 6-7-7-7 = 2058
TpdmoL emiAoyric TWV Xyzw.
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Trevbopon: MoAamAaoLooTiky opxm

Av uttdpyouv k Tpbdtol va SladéEouue éva otolyeio x Tou ouvélou A
KO UTEAPYOLV A TpdToL va SlochéEoupe £val oToLyelo ¥y Tou cuvdlou B
téTE VTLdPYOLV k- A TpdTIoL v Braché§oupe éva Cevyog (x,y) € Ax B.
Mo opddetypa, ov A = {x1,x2, x3} ko B = {y1,y»} tote

A x B = {(x1,y1), (x1,¥2), 2, ¥1), (%2, ¥2), (%3, ¥1), (x3, ¥2) }

KoL
|JAx Bl|=6=3-2=|A|-|B|
Fevikdtepar, |[Ap X Ay X -+ x Ax| = |A1] - |Az] -+ - | Akl
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‘Aocknon 1
Na vroAoyioBel o mAfboc Twv A-ripLwy aptBridy mov umopolue va
kataokevdoovue pe ta Pnpia {0,1,3,6,7,8,9} érav

ii) Ta ¢ngia touc mpémer va eivatl SiapopetTikd

x y z w {0,1,3,6,7,8,9}
[a to x urdpyouv 6 emdoyéc (to 0 eéatpeitat)
[a to y vmdpyouvv 6 emtroyéc (elatpeitar o x)
[a to z vrdpyovv 5 emAoyéc (eatpobvrar ta x, y)
[a to w urtdpyovy 4 emAoyéc (e€aipoivrar ta x, y, 7)
Apa, ané v moAdamAactaotikij apx’ umdpyouv 6-6-5-4 = 720
TpdmoL emiAoyric TWV Xyzw.
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Aoknon 1
Na vroAoyioBel o mA1fboc Twv 4-Pripiwv aptBudy mov umopolue va
kataokevdoovue ue ta Ynpia {0,1,3,6,7,8,9} érav

iii) bev emtpémovral emava)ideic, kat o aptbuol mpémet va eivat

TTEPLTTOL (%v\)\dﬁ\'{oﬁi}\mﬂo TONS \th'\o fvoL\ n 1n3 YI:*)

x 'y z w {0,1,3,6,7,8,9}
‘Evac¢ aptBudc eival mepittde bTav to teAsutaio ¢npio Tou elval
TEPLTTOG.
17 mpoomdOsio: (/
[a to x vrdpyovv 6 emiAoyéc (to 0 edarpeitat)
[a to y urmdpyovv 6 emiAoyéc (e€arpeitat To x)
[a to z vdpyouvv 5 emAoyéc (eatpovvrat Ta x, y)
la to w vrdpyovv ? emAoyéc
Aev umopoiue va amavriioouue yia to W 86Tl Sev yvwpifoupe
néoa mepLtTd ¢npia éxouue xpnoiuomoliost yia Ta X, y, Z.
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qu'-w

Aoknon 1 oo 8Ol

Na vroAoyioBei o mAfboc Twv 4-Pripiwv aptBudy mov umopolue va

kataokevdoovue pe ta ¢npia {0,1,3,6,7,8,9} érav

iii) bev emtpémovral emavareic kat o aptBuol mpémet va eivat
TePLTTOL

Eumeipikée kavévac: Zekwdue amd tnv mo eEeltbikevuévn ouv-
O1ik.

21 mpoondOeiat:

[a to w urtdpyovv 4 emdoyéc (éva anéta 1, 3,7,9)

[a to x urdpyouvv 5 emdoyéc (eSatpobvrar ta 0, w)

[a o y vrdpyouvv b emidoyéc (e€aipovvrar ta x, w)

[a to z vdpyouvv 4 emAoyéc (eatpobvral Ta x, y, w)

Apa, ané Ty moAdamAaotaotik apxi vrtdpyovv 4-5-5-4 = 400
aptBuoi.
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‘Aocknon 1
Na vroAoyioBei o mAfBoc Twv 4-ripiwv aptBudy mov umopolue va
kataokevdoovue pe ta Ynpia {0,1,3,6,7,8,9} érav
iv) 8ev emutpémovral emavaipeic kat to dBpotopa Tov Tpitou Kat
tétaptov Ynpiov toovtatl e 9.

Xy z w @,1,3,6,7,8,9}
Oa apyioouue va kaBopilouue Toug 4-¢driprove apltbuoic amé to
Levydpt zw kat éncita Ba kaBopicovue ta uvrmdAoima Svo ¢npia

X Katy.
[a to Jevydpt (z,w) éxovue Ti¢c mapakdtw emAoyéc.

(0,9),(1,8),(3,6),(6,3),(8,1),(9,0)

Mapatneolue T 0 umodoyioude Twv emAoydv yia to x eéaptd-
TaL amé to edv éxovue emAééel 1f Syt To ¢neio 0 yia to {elUyog
(z,w).
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Oa drakpivoupe 800 TePLTTOOELS:
* To Lebyog (z, w) mepiéxel to 0.
Mo to Levydpt (z, w) vndpxouv 2 emdoyée (ta Levyn (0,9),
(9,0))
Mo to x utdpyouv 5 emdoyég (e§oupodvron ta 9, 0)
Mo to y umdpyouv 4 emdoyéc (e€aupodvron Ta 9, 0, x)
Apa, oTNV TEPITTWON AUTH, ATd TNV TOAXATIAACLOLOTIKY apXT
untdpxouv 2 - 5 - 4 = 40 oplBpol.
* To Ledyog (z, w) dev mepLéyet to 0.
Mo to Levydpr (z, w) vndpyxouvv 4 emdoyéc (tow Lebyn (1,8),
(3.6). (6,3). (8,1))
Mo to x utdpyouv 4 emdoyéc (e§apodvron T 0, z, w)
Mo to y umdpyouv 4 emhoyéc (e€aupodvton Ta X, z, w)
Apa, otV TepiTTwoN AT, ATtd TNV TOAATAACLOLOTIKT apXH
umtdpxouv 4 - 4 - 4 = 64 oplBpol.
Apa, cuvolkd yiow dheg Tig TepLtoelg uttdpyouv 40 + 64 = 104
opLBpof.
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‘Acknon 2

X e éva toupvoud ouuuetéxovv 34 abAntéc and Sidpopec xwpec: 6
EXnveg, 7 lepuavoi, 6 Itadoi, 5 AyyAor, 10 Kivélor. Na BpeBei ue
TéooUg TPOTTOUC UTTOPOUUE va oxNuaTioouue pia T-ued] opdSa éTav

i) bev umdpxouv TtepLopLoLoL. X, Xy 1‘} Xy g x‘}}

34\ _ M\ Mmnasowss . (0 onl
7). HOm k) = Ki(n — k).

i) noudda amoteAeitar amd 2 EAAnvec, 2 Kwvéfoug kat 3 epuavoic.

Ma touc 8%o EAAnvec éxouue (g) emdoyéc (amé toug 6 emiAé-
youue 2)

la touc §vo Kivéloug éxoue (120) emAoyéc

la toug tpeic epavoig éxoue (;) emAoyéc.

Apa, amé v moAdamlaociacTiky apxn éxouus (g) (120) (;)
Tpdmoug Snuiovpyiac NG oudbac.
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‘Acknon 2
X e éva toupvoud ouuuetéxouvv 34 abAntéc and Sidpopec xwpec: 6
EXnveg, 7 lepuavoi, 6 Itadoi, 5 AyyAor, 10 KivéCor. Na BpeBei ue
Téooug TPOTTOUC UTTOPOUUE va oxNuaTioouue puia T-ued] opdda étav
iii) n oud8a éxer apxnyd (6nradn éva ané ta uédn tne Bewpeital we
apxnydc).

log tpbémog: Apxikd cmiAéyouus motor Ba ocuupetéyouv oTnv
opdba: Trdpyouv (374) emAoyéc.

Ytnv ovvéyeia emAéyouue 1 dtouo amé toug 7 yia apxnyé:
Trdpxouv (D =7 emdoyéc yia Tov apxnyd.

Amé thv apx1n Tou ywouévou umdpxouv (374) (D TpéTOL OXNUA-
TLoloU TN¢ opddac.

206 TpdTMog: Apxikd emAéyouue tov apynyd: Tmdpyouv (314)
emAoyée. XTnv ouvéyeia emiAéyouvue ta umdlowrta 6 uéAn: Tm-
dpxouvv (363) emAoyéc.

Amé v apx1) Tov ywouévou urmdpxouv (314) (363) TpdIOL OXNLa-
TLoLoU TN¢ opddac.
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Mapatipnon: Ou aplBuol Tov vodoyioape pe toug 8o tpdTOUG Ei-

vo oot (34> <7> = (34> (34 B 1> = <34> (33>. TrevBouion:
7 1 1 7—-1 1 6
a\ /b _(a\(a—c
b/ \¢c) \¢/\b-c
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‘Aoknon 2

X e éva toupvoud ouuuetéxouv 34 abAntéc amd Sidpopec xwpec: 6
‘EXnveg, T lepuavoi, 6 itaroi, 5 AyyAor, 10 KivéCor. Na BpeBei ue
Téo0Ug TPOTTOUC UTTOPOUUE va oxNLaTioouue pUia T-ueA] opdSa éTav

iv) otnv oudba Sev mpémer va ouuuetéyouv Italol.

*)-()
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‘Acknon 2

X e éva toupvoud ouuuetéxouv 34 abAntéc ané Sidpopec xwpec: 6
EXnveg, 7 lepuavoi, 6 Itadoi, 5 AyyAor, 10 KivéCor. Na BpeBei ue
T6o0UG TPOTTOUC UTTOPOUE va oxXNiLaTiooULEe pta T-jueAr opdSa éTav

v) otnv oudSa mpémel va ovuuetéxel TovAd xiotov évac ltaAdc.

S TNHOIXMENH NAGOX ATNTANTHXH:

‘Exouue (?) tpdrouc va SiaAééouue éva ltald.

‘Exouue (363) Tpémoug va emAéyoupe ta urmdAorta 6 UéAN.

Apa, amé v apxn Tov yvouévou, éxouue (?) (363) TpdéMmouC oX1N-
HatiopoU Tne opdéac.

H Abon avtrj Sev eival ocwotri 816TL kd Twote¢ opud Se¢ Tic eTPd e
mdvw ané uta @opd. (Evd eivar ibiec tic puetpdue we Siapope-
TIKéC.)
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T, T T3, Ty, Ts, 16

Ms rov \x©es Tpono O
w’.'rﬂ'\sw\tt ™mv \d\a o?&‘q
ARYW Rnd Pl ‘Q"(’i :

Mo va to Solpe autd avoadutikd vrtobéote bt éxoupne otnv didbeom
poc 3 'EN\nvec: Eq, Ep, Ez kou 2 ltahoic: 1, b ko étL Béhovpe va
PTLAEOUME Lol opddor 2 dTtopal M oTtolal TiepLEXEL TOUAAYXLOTOV éval
[tohd.

H AowvBoopévn pébodoc vitodoyilet 4tL umdipyxouvv (i) (31“1) =24=28
op&dec.

2 TNV TpaypatikéTnTaL uTtdpxovy 7 opddec: [ — B, h — E», b — E3,
h—1b, bh—E, b—Ey), Ih— E;. Houdda l; — I petpLéton 8vo @opéc
pe tov AavBaopévo tpdTo.
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Ln negimuen: ApPos 3 Tmhei e opdfa.
‘(n&e;gow (g)(z,f) Tponoy

n nepinten: Acprfus 4 Tradei omv oyafa
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‘Aoknon 2

Xe éva toupvoud ouuuetéxouv 34 aBAntéc amé Sidpopec xdpeg: 6
EXnveg, T Tepuavoi, 6 Itadol, 5 AyyAor, 10 KivéCor. Na BpeOei e
T6o0UG TPSTTOUC UTTOPOUE va oxNiaTioouue uta T-jueA] opdda étav

v) otnv oudba mpémel va ouvuueTéxel TouAd xiotov évac ltaAde.

log tpémog: O emtauedeic ouddec (xwpic meplopiopoic) bi-
auepifovtal oe avtéc mouv mepLéxouvv Tould xtotov éva ltaldé kat
oe autéc mou Sev meptéxovv kavéva ItaAé.

Apa, o aplbBude Twv ouddwv mov meptéyouv TovAd xioTov évav
ltadé = aplbudéc twv ouddwv xwpic meptopiopud — aptbude

p . . . , 34
opnddwv mou bev meptéxovv kavéva kavéva ltaré = —
28
2 )
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‘Acknon 2

X e éva toupvoud ouuuetéxovv 34 abAntéc and Sidpopec xwpec: 6
EXnveg, 7 lepuavoi, 6 Itadoi, 5 AyyAor, 10 KivéCor. Na BpeBei ue
Téooug TPOTTOUC UTTOPOUUE va oxNaTioouue Uia T-ued] opdSa éTav

v) otnv oudSa mpémel va ovuuetéxel TovAd xiotov évac ltaddc.

20¢ tTpdémog: Aiakpivouus mepimtdosc yia tov aplBud twv
ltaAdv mov ovuuetéyouy oty oudda:

AkpiBac 1 ItaAdc: ((15) (268)

AkpiBisc 2 Itadoi: (5)

(3)

(a)

AkpiBisc 5 Itadoi: (3)

AkpuBss 6 Ftarol: (2) (3
Apa, cuvodikd yia 6Aec Tic TEPLTTTOOELS UTTd pYOUV

D&+ QG +EE) + @G + 6E) + GF) =

6
_Z (2) (72—8/() TpdTOL TXMUATIOUOU TNG opd bacg.
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AkpiBdsc 3 ltaloi:

6
2
6
3
Akpidsc 4 ltaloi: 2
/. (6
i (s
6
6




Cc
Mapotipnon: loxdel 6TL Z

k=0

()2

)=

a+b
c

)
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‘Aoknon 2

X e éva tovpvoud ouuuetéxovv 34 aBAntéc ané didpopec xdpec: 6
EXnveg, 7 lepuavoi, 6 Itadoi, 5 AyyAor, 10 KivéCor. Na BpeBei ue

Téooug TPOTTOUC UTTOPOUUE va oxNiaTioouue uia T-ued] opdda étav

vi) n opdba mepiéxel To oAU éva ltalé.

Atakptvolue 500 TepLmTOELS:
* H oudda meptéxer akpifac 1 ltalé.
Trdpxow (5)(2)
* H oudba Sev mepiéxel kavéva ltald.
Trdpxouv (g) (278).

1/\6

(g) (278) TpémoL oxNUaTIoLoU TNG oud Sac.

Apa, ouvodikd yia bAe¢ Tic TMepLmTAOELG UTdp)ouv (6) (28) +

2023-2024
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‘Acknon 2

X e éva toupvoud ouuuetéxovv 34 abAntéc and Sidpopec xwpec: 6
EXnveg, 7 lepuavoi, 6 Itadoi, 5 AyyAor, 10 KivéCor. Na BpeBei ue
Téooug TPOTTOUC UTTOPOUUE va oxNuaTioouue puia T-ued] opdda étav

vii)

viii)

N opndSa éxel apxnyd kat eivat Italde.

APk Medos:

[a tov ltaAé apxnyd vrdpyouv (?) = 6 emAoyéc. L -I'g
[a ta vréloirta 6 wéAn vrdpyxouv (363) emAoyéc. I,L
Apa, amé v moAdanAaoiaotiki apxr vrtdpyxouv 6 - (363) TpdTTOL

oxnuatiopol Tng ouddac.

1 oudba €xeL apxnyd kat vmapxnyo.

la Tov apxnyé vrdpyxouvv (314) = 34 emidoyéc.

[a Tov umapxnyd vmdpxouvv (313) = 33 emAoyéc.

[a ta vréloiwa 5 uéAn vmdpyouvv (352) emAoyéc.

Apa, amé tnv moddamAaciaotikij apxi vdpyouv 34 - 33 - (352)
TpdmoL oxnuatiorol TG oudbac.

Moabnpoctikd twv Toloyiotdv > uv8uaoTik 2023-2024 19 /64



Trevbopon: Enavainmrikol cuvduoopol

O apBudc twv TpdTwv va Staréoupe m opéc pe emavaANPT od
n SLaLpopeTIK& avTikeipeva (m-TtoAuouvoia)

LooUTAL e TO TAHOOC TWV ETAVAUANTITIKOV CUVSUNLOLOV

nf  (n+m-=1\ (n+m-1
m| m N n—1 )’
Eniong, toobtou pe to mAH0oc twv duadikdv MéEewv wfikoug n+m—1

pe okpode n — 1 dooouc.

00---0100---010---0100---0
S—— N——

X1 popéc  xp popég Xn popég

OTOV X1, X0, ..., Xp > 0 e X1 +x20 + -+ + x, = m.
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‘Aocknon (Xproupog thmog oe oA TtpoPAfiuoTa)

Na SeixBei 6t 0 aplBude Twv un apvntikdv aképatwv AVoewv Ttng
eélowone
X1 +Xo+- - +Xp=m

n-l—m—l)

woovtat pe 1] = ("7

NVon. KdbBe Noon tng elowone avtiotouxel o éval eTtovaAnmtikd
ouvduaopd Twv n otolxelwv aval m ko avtiotpdywe: EmAéyouus m
Popéc e emavdANdm ad n dlopopeTikd avtikeipeve. To xi, X2, ..., Xp
petpdve doec opéc emhéEape To kdbe éva amd Tow n Srabéouua
QVTIKELLEVOAL OTOV eTAVAANTTIKS ouvduaopd. Apa, To TAHOOC Twv un
APVNTIKOV aképatwv ANioewv TNe e€lowone x; +xo + -+ X, = m
wobtan pe [1]. _ ) _ _

Mo62S yn wpvNTIKCS KKEpxIEs AD6RS DXEN N gHiswom X +XgtXy=10;

3 3t+10-L 2
BOO a0 we [H]-CTC)HE)
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‘Aoknon 3

i) Na Bpebei pe méoovs tpémoug umopoiue va tomobetrioovue 10
Sta popetikéc umdAec oe 4 Stapopetikd koutid. (KdBOe kouti éxel
amepLépLoTn xwpnTikéTnTa.)

[a kd Be pia amé tic 10 umdAec éxouue 4 Siapopetikéc emAoyée
torobétnone. Apa, ané tnv moAdamAaoiaotiky apx1 urtdpxouvv
4.4...4 =410 1p6 ¢ :
tpdémoL TomobéTnone
10 gopés
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‘Acknon 3

ii) Na Bpebei e méooug tpdmous pmopolue va tomobetriooupe 10
Suolec umddec oc 4 SiapopeTikd KouTLd.

O {nroduevoc apiBudc toovtal pe to mAfBoc Twv un apvnTikdv
aképatwv Abocwv tnc elowonc

X1+X2+X3 —|—X4 =10
érou x1, X2, X3, X elval o apt@,uog amné umdAeg mov tomoBetolv-
TaL o¢ kd Be Koutl.
TrevOiuion: O aplBudc Twv un apvntikdv aképaiwv AVoewy
¢ eélowone x1 + xo + -+ - + x, = m toovTaL ue (”+z*1) = [:J
(Emtidéyoue m @opéc ue emavdAndn améd n Siapopetikd avtikei-
peva. Ta xq1, X2, ..., Xn METPA Ve Téoec popéc emiAééaie To kd Oe
avTikeipevo.)
Apa, vrtdpyouvv [1%] = (4+}8_1) = (13) tpdmol TomobéTnong.
(E8& emAéyouvue 10 gopéc ue emavdAngn ta 4 Siapopetikd
KouTid.) M -~
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‘Aoknon 3

iii) Na Bpebei pe méooug tpémoug umopoiue va tomobetrioouue 10
Suotec umdAec oe 4 diapopetikd kouTid, éToL Wote kavéva KouTi va
unv ueiver dbeto.

O Inrobuevoc apiBudc tooltar ue to mAriboc Twv aképaiwv
Aoewv ¢ eélowonc

X1+ X0+ X3+ Xq4 = 10
émov x1, X2, X3, X4 eivat o aptBudc ané umdAec mov tomoBeTolv-
tatl oc kd.Bs kouti, e Tov mEPLOPLoS OTL X1, X2, X3, X4 > 1.
Avtebel yy = x1 — L,yo = x0 — 1,y3 = x3 — 1,y4 = x4 — 1 éte
Y, Y2,y > 0katy1 +ya +ys +ya = (1 — 1) + (e — 1) +
(x3—1)+ (xa —1) = 10 — 4 = 6 ondte kdOc aképata Abon tng
eélowone x1 + xo + x3 + x4 = 10 pe x1, X2, X3, x4 > 1 avrioroiyel
oe uia kat povadiky un apvnuikil aképaia Avon tne eélowonc
yi+y2+y3+ys =06, kat avtiotpdpws.
Emopévawe, o {ntobuevoc apilbudc toobtal ue [g] = (4+2_1) =
()-
SuvsuooTiky 2023-2024 24 /64




‘Aoknon 3

iv) Na BpeOei ue méooug tpdmouc umopoiue va torobetiioovue 20
Suotec umdAec oe 4 Siapopetikd KouTid, éTOL WOTE OTO TPWTO KOUTL
va. toroBetnlel TovAd xtotov 1 umdAa, oto Seltepo kouti
TouAd xtotov 2 umdAeg, oto tpito Toudd xiotov 3 umdAec kat oto
tétapto TovAd yiotov 4 umalec.

X1+ X0+ x3+ x4 =20

éTL’OUXl > ]., X2 22, X3 23, X4 24

AvtelOelyy =x1— 1, yo =x0 — 2, y3 =x3 — 3, ya = x4 — 4, T6Te
o {nroduevoc aptBudc toovtal pe to mAHBo¢ Twv Un APVNTIKOV
aképaiwv Aboewv ¢ eéiowonc

vi+v+ys+ys=20—10=10

dnra é1 eivar (oo e [1%] = (1(3))
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‘Aoknon 3

v) Na Bpebei e méoovs tpémoug umopolue va tomobetrioouue 7
buotec unddeg oe 10 Siapopetikd koutid, étol dote kavéva kouti
va unv mepLéxel mdvw amo pia [LTTAAC.

Mpopavie apol ta koutid civail mepioodtepa amd Ti¢ UTdAs
kdmota koutid Ba ueivovv dbsia. Emeidn o kdOe kouti pmopei
va umel akpiPBoc pia urdda émetal 6t oe kd Oe Tomobétnon Oa
urtdpyovv akpfids 10 — 7 = 3 dbeta kovtid kat ta omoia eivat
uovabikd yia kdBe tomobérnon.

Emouévawc o aptBudc twv tomobetricewv toovtal e tov aplbud
Twv TPénwv va Sarééovue 3 dbeia kovtid SnAadij eival {ooc e

(5)-
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‘Aocknon (Xproupog timog oe oA TtpoPAfiuoTa)

Na SeiyBei 6t1 0 aplBude Twv uetabéocwy k elddv otolyeciwv e
ni, no, ..., N, otolxela avtiotolya oe kd Ot eiboc tooUtal ue

n! ;
M(n1, ng, ..., ng) = — == émovn=n+n +Had + ny.
nytngt--- Ng!:

—_ e

AmnddelEn: Kdébe petdbeomn o, k €8dv Tov ny oupmintouv pe a1, o

CUUTITTTOUY [ ap, ..., Nk CUNTIHTITOUV e ax WUTopel var katowokevaoBel
w¢ &g
Apykd tomoBetolpe T Ny to TAR0o¢ a; o ny amd Tic n Béoseig

c Oy O Oy

7 7 n 7
Tobto yivetow pe (nl) TpbdTOUC.
‘Emerta tomobetoupe tow ny to mANBoc¢ a; o np and T n — ny Béoeig

Tov TepiooePav
c

Auté yivetou pe (" ™) tpémouc.

‘Emertae TomoBetolpue Tt n3 to mAR0oc az ue ("_’:113_"2) TpdTOVC.
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Apa TeENkE YL val kaTaokeudooupe OAeg Tig petabéosic avtée Twv k
eLd®V uTtdpyouv

n n—n n—ny — np n—ny—np—---— Ng_1
n n2

n3 Nk >
TpoToL. ‘ETo,

| _ 1 - - |
M(nl,nz,...,nk) = n (n n]-)‘ (n ny n2).

n!(n —py) . m!(n — ny=.no)! ' n3!(n—ny — ny — n3)|
nk!

n;!0!
n!

nl!nz! cee nk!
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‘Aoknon 4

Me méooug tpémove umopotv va Stataxbovv (oe oepd ) 4 kékkiveg, 5
mpdowves kat 9 pavpec umdAec étav
e ————

o —

i) bev umdpyovv mepLopLopol

(4+5+9)! 181
415191 415191 6126120.

ii) ot umdAec pe o ibio xpwua eivar Siaboxikéc

e V2NN

W

S~—"T F
Trdpxovv 3 xpoduata kat emAéyovue T oclpd EUPAVLONG TWV

XPWUATWV.
Apa, vrdpyovy 3! = 6/. Stapopetikol Tpbmol TorobBéTnomng.
/i
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‘Aoknon 4

iii) bev emutpémovrar 6o kékkiveg umdAeg va eivat StaSoxikéc.

A 4 hatk
pvyve

( Apxikd tomoBeToUue oe uia oepd tic 9 + 5 = 14 mpdowvec kat
14!

HaUpec urdAec. Trmdpyouvv W TpémoL TomobéTnone Twv mpd o-
Wov kal palpwv uraidv.
Yc kd O tomobérnon mpémer va mpoobéoouue Tic 4 Kkdkkiveg
umdAec. Mmopolue va okeptéuaocte 61t oe kdBs TomobBétnon
oL 4 kékkiveg urdAec Staxwpilovv tic uméloitec 14 mpd otvec kat
uavpec umdAec oe 5 ouddec.

—_—— K_K_ K _ K __

X1 X2 X3 Xq x5
To mA1iBoc Twv umaAdv mov avikouv oe kd B oudda umopsi va
kwdikortotnBel amé uia (Siatetayuévn) 5-dda xi, x2, X3, X4, X5
émov
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‘Aoknon 4

x1 elvat o aptBuée Twv mpd ovwy kal pa Vpwv uraAdv mov Boliokovrat

o TNV 1n kékkivn umdAa.

x> glvat o aptBudée Twv mpd ovwy kal a Vpwv uraAdv mov Boliokovrat

avdueoa otnv In kat 2n kékkivn urdAa.

x3 elvat o aptBuée Twv mpd ovwy kal a Vpwv uraAdv mov Bolokovrat

avdueoa otnv 2n kat 3n kékkivn urdia.

x4 elvat o aptBudée Twv mpd ovwy kal pa Vpwv uraAdv mov Boliokovrat

avdueoa otnv 3n kat 4n kékkivn urdAa.

x5 elvat o aptBudée Twv mpd ovwy kal a Vpwv uraAdv mov Boliokovrat

UETd TNV KKKV UTTd A

Me dAda Adyia ta ueyé0n twv oudSwv mou Snuiovpyel ia tomo-

Oétnon avtiotoyolv oc uia un apvntiky aképata Avon tne eéiowone
X1+ Xo+ X3+ Xq+ X5 = 14

MMpokeiévou ol kbkkivee umdAec va unv eivat Siadoyikéc mpémel emi-

Aéov va toxUeL xo, x3, x4 > 1.
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‘Aoknon 4

Avtebel yo = x0 — 1, y3 = x3 — 1, ya = x4 — 1 tét€ 0 apitBudc TwWV
POV cloa YwYTi¢ Twv KéKkIVWVY Urtaldv oe uia torodétnon toovtal
ue Tov aptbud Twv un apvntikdv Abocwv tn¢ eélowone

xity2tys+yat+xs=14-3=11

emopéVwe LooUTAL e [151] = (5+ﬂ_1) — (ﬁ)

Apa, amé tnv moAdamAaciaotiky apx1i vitdpyxouv

15\ 14 15! 14! 15114
= . = = 27327
(11) 5191 11141 5I91  41519111! 32730

tpdmolL TomobéTnone Twv umadv.
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‘Aocknon (Xpnhouog timog oe TOANG TtpoPAfiuoTa)

Na Bpebei 0 apibudc twv tpénwv tomobéTnone twv otoxeiwv tou [n] ot
éva kUkAo. KdBs tomoBétnon ovoud fetar kukAikn petédbeon. Avo
kukAikéc ueta Béoeiec elval (oeg av n pia mpokVrter and tyv dAAn pe
TTEPLOTPOYT TOU KUKAOU.

Noon. Eotw x to TAfBoc HAwv twv kKukAk®v petobéoecwv tou [n].
Y e k&Be kukAikn petdBeon tov [n] avtiotouxolv n (amhég) petabioeig
tov [n], omdlovtoag Tov kikAo o évar ard Tow n tdEa Tov opilel M
KUKALKY) petdBeon. Amé kdbe petdBeon tov [n] pnopel va
kortorokevooBel pioe akpBedg kukAkn petdBeon tov [n].

1 kukAkn petdBeon tou [n] avtiotolxel oe  n petabéoeig tov [n]

x KukAkég petabéoeig tou [n]  avtiotoixolbv oe  n! petabéoeig Tov [n]
Apat,

l-nl=x-n

SnAadn, o aplBpdc Twv kukAikdv petobéocwv Tou [n] elvou ioog pe

n!
o= (n—1)L
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A n

X n |
] In.

Lnl=xXn D X=7p—

‘Acknon 5
Na vrodoyiobei o aplBuds Twv Tpdmwv e Tous omoious 8_avSpdyuvva

pmopolv va gxmuatioovv éva KukAkd xopd (émou pag evliapépel molog

Bpioketar apiotepd kat §eéid amé kdOe mpdowro) dtav
i) Sev umdpxouv TEpLopLoLOL.

(16 — 1)! = 15! TmevBouion: AptBudc kukAikdv uetabéoewv n
avtiketuévawy (n — 1)!
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‘Acknon 5
Na vrodoyiobei o apiBudc twv tpénwy pe toug omoiovug 8 avspdyuva

UTopoUV va oxnuatioovv éva KUkAké xopé (émov uac evia pépel motog
Bpioketar apiotepd kat §eéid amé kd Oe mpdowro) dtav

ii) ot ovluyoL xopebovy AL - TAd.L.

Apxikd emAéyouue TV oepd ue TNV omoia Ba umouv (w¢
oudba) ta 8 avépdyvva orov kUkAo. Tmdpyovv (8 — 1) = 7!
TpoTOL.

lNa kdBs avbpdyvvo vmdpyouvv 2 TpdémoL va. Touv oToV X0pd,
dpa, amé tnv moAdamAaciaotiki apyi vdpyouv 7! - 28 tpémor
oxXNUaTioproU Tou XopoU.
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EntiBeBaiwon tpdTov okéPne: Mo 3 avBpdyuvo: ® @ @ @ @ e uTLdpY oLV
21 .23 = 16 TpéTOL GYNUATLONOY TOU KUKAKOU XOpOU:

SRS,
OLOLGLS,

QOO
QOO
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‘Aoknon 5

Na vrtodoyiobei o apiBude twv tpénwy pe toug omoioug 8 avspdyuva
UTopolV va oxnuatioovv éva KUkAké xopd (émov uac evia pépel motog
Bpioketar apiotepd kat §eéid amé kd Oe mpdowro) dtav

iii) ot ouluyor Sev yopevouv mAdL - TAdL.

AvdokoAn doknon!
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‘Aocknom 6
(i) Na SewxBei 6t 0 aplbude twv k-dbwv akepaiwv a1, az, ..., ax UE
l1<ai<a<---<a<n

toobtaL ue (}).

KdBe ouvdvaouée k apibudv amé to obvolo [n] avtiotoiyel
o e akpiBidc akorovbia ay,as,...,ax pel < a3 < ap <

< ax < n kat avtotpdpwe. Emouévwe, o aplbudc éAwv
TwV akoAovBLdv toovtal e (Z)
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‘Aocknom 6
(i) Na SeiyBei 61t 0 aptBudc Twv k-dSwv akepaiwv ay, az, ..., ax ME

tooutar ue [}].

Kd Be emavaAnmrikée ovvbvaoude k aptBudv amné to ovvolo [n]
avtiotolxel o pia akpiPac akodovbia ai, az, ..., ax pel < a; <
ay < -+ < ax < nkat avrotpdpws. Emouévwg, o aplBude 6Awv
TwV akodovBildv tooltal e [Z]
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‘Aocknon 7

Na Bpelel ue méoouc Tpdmouc umopovv va tomobetnBoiv 6 mdvia ora
TeTpd ywva uiag 6 X 6 okakiépag dote va unv vredpyovv Svo 1
mepLoodtepa mévia otV bia ypauput 1§ oThAn.

(log TpéTOCg)

6m ekAoyn —> o

51 ekhoyh — o

4n exhoyn — [

31 ekhoyH — o

21 exkhoyh —> o

1n exkdoyfy — o
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To mpohto TéVL TomobeTeiton ot TPDTY Ypoupt e 6 dloupopeTikolc
Tpdémovg. Mo to Seltepo oOVL uTdpyouv 5 Stapopetikol TpdToL
(e€oupeita To TeTpdywvo TG SevTepng Ypoupic oTNV OTHAN Tou oToiov
éxoupe B&AeL oty TPOTN Yporppn to Tpwto Tdw). Mo To Tpito TdWL
uttdpxouv 4 Sloupopetikol TpdToL (e§oupodvion Ta TETpAywveL TG TPlTNg
YPOUUUTG OTLS oTHAEC TwV oTolwv éxoupe 781 B&Ael Taw Svo Tponyolueva
médwia). Tuvexifovrag pe outd tov tpdmo (BAéme Tponyoluevo oxhua)
YLOL TO TETAPTO TULOVL UTLAPYOUV 3 TPOTOL, YL TO TMEUTTO 2 TPOTOL KOl
yiat To ékTo évag pévo tpdTog Tomobétnorc Tov.

‘Etol o0ppwva pe Ty ToAATAAoLAoTIKY opXT Yia vo ToTtoBeTiooupe
ko Tow 6 Tdvia oty okokiépa Bor uTtdpyxoULV

6-5-4-3-2-1=06!=720 tpdmoL.
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(206 TpéTOG)

Mot To TPWTO TLOVL UTtdpxouv 36 TeTpdywva Yo v tooBetnOel. Mo To
Bevtepo TdVL umtdpyouv 36-11=25 teTpdywva yio va TotoBeTtnOel
(owpoupodivran amd tig emAoyég T 5 teTpdywva TG Ypoupic Tov
Bpioketaw to TpdTo TOWL, T 5 TETPAYWVA TNG OTHANG TOU TPWTOV
Tovio¥ ko to 1 tetpdywvo mou kartahapBavel To Tpdto méw). Mo to
tpito VL uTtdp)ouv 25-9=16 emhoyéc (aparpoldvtan atmd Tig emAoYEg
T 4 - kow OXL 5 - TeTpdywva TG Ypauptc Tov Ppioketan To Sevtepo
TLOVL - alpoV HdMN évar aTtd auTd To TETPdywval éxel oupaupedel
TPONYOUREVWC - T 4 TeTpAywVa TNS YPOoUuUTc Tov Ppioketow to tpito
TdwL ko To 1 TeTpdywvo Tou katahapPdiver to Sebtepo TdwL).
YuveyiCovtog pe avtdv tov TpdTo, uTtdpxouv 9 TPdTOL YiaL TO TETAPTO
oL, 4 TpOTOL YLl TO TEUTTO Ko 1 TPOTOG YLAL TO €KTO.

‘Etol o0ppwva pe TV TOAATAACLOLOTIKT opX ™) UTtdpyouV

36-25-16-9-4-1=(6!)°
TPoTOL £TUAOYHC TWV TETPAYOV®WY ToToBétnone Twv €L Tovi®V.
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Katd tnv spoappoyti Tov Tpdmou autol buwe, kébe amotéleopa
emavahapBéveton ToAéC popéc. Autd opeiletal oto yeyovdg dTL
omoladfmote €L ouykekpLLEVL TETPA YWV KAADTTTOVTAL, LTtopolv Vol
kaAu@Bolv pe Siocpopetikt oepd Ttomobétnone Twv Toviwv. Aedouévou
6tL 1 Sradoyikn TooBétnon Twv 6 Tovidv yiveTal Tpopavag pe 6!
TpéTOUG TPéTeL Vo Staupéooupe To (6!)? Tov 73N umohoyiooue pe 6!.
Enopévwg, tedkd vtdpyouv

6!)?

SroupopeTikol TpdTOL TOTOBéTNONC.
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‘Acknon 8

Na Bpebei pe méooug Tpdmoug umopoly va tomobetnBolv 6 méwvia ota
teTpd Yyowva utac 8 x 10 okakiépac wote va unv vrdpyouvv dvo 1
TEpLoodéTEPA THdVLA OoTNV (Sla Ypa it 1) oThAD.

= N W s U

12 3 456 7 8 910
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O 6 ypopupég otig otmoieg Bo Bplokovtan T 6 TLOHVLAL PTtOpOvV Va
eTAeyolv e (2) tpéTovg. Avtiotouya, oL 6 othheg otig omoieg Oa
Bpiokovtaw ta 6 TdViaL PTtopoUv val eTAeyYoUV e (160) TPOTIOVG.

-

.

i

N
=
S

S~
SS
SS

4 5

W

§§

IR
i Vi

HCEE

1234567 8 910

Enopévwg, amd tnv mtodamdaolaotiky apxt, vtdpyxouv (g) (160) TpdTOL
yioe va eTAégoupe TG 6 ypoppéc ko Tig 6 othAec. H Toun autdv Twv 6
YPOUUUOV Ko 6 oThA®V oxnuotilel o okokiépo 6 X 6 pe 36 TeTpdywva.
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EN-ENEE

= N W bk U1 ®

S

12 345607 8 910

O aplBudc Twv TpéTwv TomobéTnone Twv 6 ToVLOV G’ AUTH TN OKAKLEPX
LoVt pe 6!.

Apa, TeENkE, attd TNV TOAATAXLOLALOTIKT alpX 1) VTTAPYXOUV (g) (15)6!
TpédTOL ToToBEéTNONG TWV 6 TILOVLAOV.
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‘Acknon 9

J

S
Na Bpebei 0 apiBudc twv opeoy!)&&v UE KOPUPéc Ta onuela kat TAupéc

ta cvBUypappa TUfuATA ULag N X m okakiépac.

\V/
1%

4
3
2
!

-~

—a X y,
T{ea:KaQs o 0 TR yovaoNer Tevgos TWOPIMWY (skics
LTV nqssoc’tovsa X g\. P )

> uvduvaoTikn
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KéBe opBoymdvio poodiopileton povoohuavta emAéyovtag 2 onueio

OTNV KATW TAEUPA TNC OKOKLEPOLC Kol 2 onuelal 0TV apLoTeph TTAEVPA
TNG OKAKLEPOLG.

X

X

Trdpyouv (

Trdpyxouv (
TAEUpAL.

ATé tnv ToAamAaoLaoTik apx 1) uTtdpyxouv (

m+1

2

n+1

2

X
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) TpéTOoL Y vau eTuAéEoupe 2 onpeiat oTT KATW TAELPAL.
) TpéTOoL Yo vau eTuAé€oupe 2 onpeiat otV apLotept
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‘Acknon 10

Na 506¢i uia ovvdvaotiki améderén tne tavréTnrac

BEARS
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‘Eotw n avdpbdyuva amd to omolar Béhoupe va eidéEoupe 2 dtoua.

O aptBudc Twv BLopopeTikdV TPOTWV eTUAOYNHS TWV 2 ATOUWY LOOUTOL [E
Tov aplBud Twv ocuvduaounv 2n ototxeiwv avd 2, dndadn eivou {ocog e
().

Mmopolpe vor utodoyicoupe tov idlo aplBuéd Srakpivovtag §vo
TEPLTITOCELS WE TPOC TO PUAO TWV ALTOMWV TOU ETULAEYOVTOL.

(i) To 2 dtopo eivan tov 18iov Yolovu. Toéte umdpyouv 2 eTAoYEC YL
To OAO KoL éTELTAl (g) emAoyéc v Tow 800 &topo Tou Ldlov
@ONov. Apa, aTtd Tov KavdvoL Tou YLVOEVOU UTLALPYOUV 2(5) TpOTIOL
£TUAOYTHC TOVG.

(i) Tow 2 &ropo etvau Siopopetikot @olov. Téte vmdpyouv (f) =n
TpoTOL VoL €TUAEEOUE [LoL YUVALKOL KO ('1’) = n TpodTOL VI
eTuAé€oupe évav dvdpa. Apa, attd Tov KavdVeL TOU YLVOUEVOU
UTIdpYOUV n? TPSTOL ETUAOYNC TOVC.

‘Apat, cuVOALKA, VTtdpXOUV 2(5) + n? tpéToL eTAOYNC TWV 2 ATOUWV.

ETteld1, t600 pe Tov Tp®To 600 KOl LE TOV SeUTEPO TPOTIO LETPALE TOVUG

idloug TpdTOLE eTAOYTC, émeTon bTL (22") = 2('27) + n?.
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‘Aoknon 11

Me méoouc Tpdémouc umopel and 12 avdpdyvva va emiAeyel puia eéapeArc
eMmLTPOTTY):

(i) Xwpic meptopiopud.

O {nrovuevoc apitBudec toovtat pe tov aptbud twv ocuvdvaoudv
Twv 24 atéuwv avd 6, 6nAadij
(%) = 134596

(if) H emtpomr bev umopei va mepiéxet kdmoto avdpdyuvo.

Amé kd Os avdpbyuvo umopel va cvuuetéyel To oAU éva dtopo.
Apxikd emiAéyovue moia avdpéyvva Ba ekmpoownnBolv oTnv
emtport. H emMoy1) avti umopsl va yivel e (162) TpdmovC.

[a kdBe éva amé ta 6 avdpdyvva mov emiAéyxOnkav vrdpyouvv
2 emAoyéc yia To moloc amd touc 8o Ba eivar otnv emitporny.
Apa, ovvoAikd, urtdpyouvv (162) .26 = 59136 TpdémoL oxMUATIOMOU
TNG EMTPOTIC.
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Aoknon 11
Me méoouc Tpdmouc umopeil améd 12 avbpdyuva va emideyel uia eéapueric
eMmLTPOTTY):
iii) H emtporntj amoteleitar ané mpdedpo, avtimpdeSpo, ypaupuatéa kat
Tola wéAn.

lNa to oxnuatioud tne emtporntic Aaufdvouvus vrddn Toug bi-
akpttolc pbéAouc Tou mPoébpov, avTLTPoédpou, ypajpuatéa Kal
amAoU pédovg.

(log TpéTOC)

la v ekdoy1 Tou mpoéSpov vrdpyovv 24 emidoyéc.

la v ekdoyn Tov avtimpoédpou urndpyouv 23 emiAoyés.

la v ekdoyn Tov ypaupatéa vrdpyouvv 22 cmiAoyéc.

[a ta tpia (amAd) uéAn vrdpyouv (231) emAovéc.

Apa, ouvolikd, utdpyouv 24 - 23 - 22 - (3) = 16151520 tpémoL
OXNULATIOMOU TNG ETUTPOTTIC.
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‘Aoknon 11

Me méoouc Tpdmouc umopel améd 12 avbpdyuva va emideyel pia eéapueric

ETLTPOTTY:

iii) H emtporntj amoteleitar ané mpdedpo, avtimpdedpo, ypaupuatéa kat
tola uéAn.

(206 TpédTOG)

Apxikd emiAéyouue Ta dtona mou Ba ocuuuetéxouv oTnv
emitponti kat oTn ouvvéyela toug ava Bétovue pélouc.

[a tnv ekdoyrf Twv 6 ueddv vrdpyouvv (2;) emAoréc.

la v ekdoy1 Tou mpoéBpou urdpyovv 6 emAoyéc.

[a tnv ekdoytj Tov avtimpoébpouv vrdpyxouv 5 emAoyée.

la v ekdoyn Tov ypappatéa vrdpyouv 4 emidoyéc.

Apa, ouvolikd, vrdpyouv (264) -6-5-4 = 16151520 tpémoL oxn-
HaTiouoU TNG EMTPOTIC.
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‘Aoknon 11
Me méoouc Tpdmouc umopel améd 12 avbpdyuva va emideyel pia eéapueric
ETLTPOTTY:
iv) H emtpornij amote)eital and mpdedpo kat ypapuuatéa ot omoiot
elvat dvbpeg, amé Vo avtimpdeSpouc oL omolec elvatl yuvvalikeg kat
amné 5o éAn Siapopetikol @lAov.

(log TpédTOC)

la v ekdoyn Tov dvbpa mpoéSpou urdpxovv 12 emidoyéc.

la v ekdoyn Tov dvbpa ypaupatéa vrdpyouvv 11 emAoyée.
[a v ekdoyr Twv §Vo yuvaikdv aviimpoédpwy umdpxouv (122)
emAoyéc.

la ta 8o uédn Sagopetikol pUAAou éxouvue 10 - 10 emAoyée.
Apa, ovvohikd, umdpyouy 12 - 11 - (%) - 10 - 10 = 871200 tpémor
OXNULATLOMOU TNG ETUTPOTTTC.

Moabnpoctikd twv Toloyiotdv > uv8uaoTik 2023-2024 54 / 64



‘Aoknon 11
Me méoouc Tpdémouc umopel and 12 avdpdyvva va emiAeyel puia eéapeArc
eMmLTPOTTY):
iv) H emtpornij amoteleital and mpdedpo kat ypapuuatéa ot omoiot
elvat dvbpeg, amé Svo avtimpdeSpouc oL omolec elvatl yuvvalikeg kat
amné 5o éAn Siapopetikol @lAov.

(206 Tpdémog) [lpdta emAéyovue ta droua mouv Ba ouu-
uetéyouvv kat émeita toug avabétovue pélove. H emitporti Ba
amoteleitar and 3 dvdpeg kat 3 yuvaikeg.

la toug 3 dvépec vmdpyouvv (132) emAoyéce.

[a tqv ekdoy1j Tou dvbpa mpoéSpou urdpyovv 3 emidoyéc.

la v ekdoyn Tov dvbpa ypaupatéa vrdpyouv 2 emAoyég.
la ¢ 3 yuvaikeg vdpxouvv (132) emAoyée.

lNa tnv exdoyr Twv 8o yuvaikdv aviimpoéSpwv vrdpxouv (g)
emAoyéc.

Apa, ouvodikd, urtdpyouvv (132) -3-2- (132) . (g) = 871200 tpdmot
OXNUATIOMOU TNG ETUTPOTIC.
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Aoknon 12

e ua aibovoa PBpiokovrar n dtoua ta omoia kdBovrai oe n
Siakekptiuévee Béoeic. Na Bpebei o aplBude Twv tpérwv mov wropolv va
aAddovv Béoeic Ta n dtoua étol dote kaveic va unv kdBetar oTtnv
apxikt Tov Béon.

O\ tpéToL Tov uropovv va kabicouv ta n &topa otig Béoelg Toug xwpic
TepLoplopd etvo nl.

‘Eotw A; to olivolo dhwv twv TpdTwy va kabicouv Ta n dtopa étol
dote to i-0td &topo va k&Betou oty apxikn tov Béon (ko ot
UTLAAOLTLOL VAL UMV £XOUV KOLVEVAL TLEPLOPLOUS ).

Znteiton va Ppebel o TANOA&pLBuoc

ALN Ay N N A1 N A,
Mopotnpolpe étL v kdbe i € [n] woxder bt
Al = (n—1)!

BL6TL To /-0T6 dTopo éxel wovo éva TpdTo va kabiosl ko Yol Ta
uvtdhowmae n — 1 &tope umdpyouvv (n — 1)! tpdmor va kabicouv.
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Eniong, vy kéBe Lebyog &topwv i, toxlel bTL

|A,' N Aj| = (n — 2)!

BL6TL TaL &Topa 7, j éxouv éva TpdTo va kabicouv, ko YL Tl uTtOHAoLTTAL

n — 2 &topo vmdpyouwv (n — 2)! tpdmot va kabicouv.
Avtiotouxa, yia kdBe TpLdda atépwv 7, j, k Loydel 4t

|A,‘ﬂAjﬂAk| :(n—3)!

k.0.k. Mot k&Be m-ddal atdbpwv i1, o, . . ., im K
1<ip<ip<- - <im< niwoylel 6TL

|A,-1ﬂA,-2ﬂ---ﬂA,-m|:(n—m)!

AT v apxm eYKAELOPOU-ATtoKAELOLOU Loy beL OTL
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[ALN AN NA,_1NA,
:|5|—51+52—53+-'- (—1)n5n

:|5|— Z |A,|+ Z |A,’ﬂAj|— Z |A,‘ﬂAjﬂAk|—

1<i<n 1<i<j<n 1<i<j<k<n

+ (=)™ > |An N A, N NA |+ + (=1)"Ar N AN N A,
1<h<i<---<im<n
Emeldd to mAi0oc¢ twv {euydv Looutol e Toug ouvduaopoic (") To
TAR00¢ Twv TPLddwv LoolTal e TOUS ouvduaopolc (”) KOl YEVLKAL, TO
TAR00¢ Twv Mm-adwv elvon (oo pe Toug ouvduaopoug (,'1’7) TPOKUTITEL OTL

|A1ﬂA2ﬂ ﬂAnl A

(e e P
T ()_

n

_ Z(—l)k(Z)(n — k)L,

k=0
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‘Aocknon 13

Na BpebBei ue méoouc tpdmouc umopolv va emAeyovv, uetall Twv weAdv
evé¢ ouidov mov amotedeital and 20 uéAn, o emitpomés, N ULa €K TwWV
omoiwv va amoteAeital améd mpdedpo, aviimpdedpo, Tauia kat
yoapupatéa, v 1 AAAN and 3 uéAn.

(i) Otav ot 800 emitporés umopolv va €xouvv kowvd éAN.

[a tnv emitpornti movu éxel mpdeSpo éxovue Tic e€ric emAoyée:
[a tnv ekdoy1j Tou mpoébpou vrdpyouv 20 emiAoyée.

la v ekdoy Tov avrimpoédpou urndpyouv 19 emAoyée.

la tnv ekdoy1j Tou Tauia vrndpyouv 18 emidoyéc.

la v ekdoyn Tov ypappatéa vrdpyouvv 17 emAoyée.

Apa, yia tnv ovvBeon avtiic tne emtponic vrdpyovy 20 - 19 -
18 - 17 tpdmol.

lMa tyv emzpont ue ta tpia HéAn vrdpyouvv (230) TpéTOL ETTL-
Aoyic.

Apa, ouvvolikd, yia tic §Vo emitpoméc urtdpyouv 20-19-18-17- (230)
TpdTOL OXNUATLOMOU.
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‘Aocknon 13

Na BpebBei ue méoouc tpdmouc umopolv va emiAeyovv, uetall Twv weAdv
evé¢ ouidov mov amotedeital and 20 uéAn, So emitpomés, N ULa €K TwWV
omoiwv va amoteAeital améd mpdedpo, aviimpdedpo, Tauia kat
yoaupatéa, v N AAAN and 3 uéAn.

i) Otav ot §Vo emitporéc dev éxouvv kowvd LéA.

Ytnv mepintwon émov o1 Vo emitportéc Sev éxouv kowvd éAD,
yla TOV OXNUATIOUS TNG EMTPOMNE OV EXEL TPOeSPO UTTApYOUV
20-19-18 - 17 tpdémot. Evd, yia to oxnuationd Ttne emiTpomtic
ue Ta 3 uédn vmdpyouvv (136) emAoyéc.

Apa, ouvodikd, yia Tic 8o emtpoméc undpyouvv20-19-18-17- (136)
TpdmoL oXNULATLOMOU.
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‘Aocknon 13

Na. Bpebel e méooug tpdmoug umopolv va emAeyolv, uetall Twv ueAdv
eVl ouidov mou amoteAsital and 20 uéAn, 5o emitpoméc, N LA €K TWV
omolwv va amoteleital anéd mpdedpo, avrimpdedpo, Tauia Kat
yoapupatéa, v 1 AAAN amd 3 uéAn.

iii) ‘Otav o mpdeSpoc eivat to povadiké kowvd puéroc Twv 8o emTpomAV.

YtV nepintwon dmov o1 §o emitporéc €xouvv wg kotvé uéAog Tov
TPOESPO, YA TOV OXNUATIOMOS TNC EMLTPOTIG OV £XEL TTPGESPO
vrdpyouvv 20 - 19 - 18 - 17 tpdmot. Evw, yia to oxnuatioud tne
emtporntic ue ta 3 wéAn vrdpyouvv (126) emAoyéc (apob To TpiTo
uédoc e eivat o mpdeSpoc TNe AAANG emiTporniic).

Apa, ouvodikd, yia tic 8Vo emitpoméc urtdpyouvv 20-19-18-17- (126)
TpdTOL OXNULATLOMOU.
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‘Acknon 14

Eotw a, to mAfiBoc twv Aééewv urhkouc n mou kataokevd{ovral and Ta
dnpia 0,1,2,3 kat ot omoiec meptéyovv dptio aptBud eupavioewyv tou 0.
Na SeixOei 6t a1 = 2a, + 4".

Ou Mé€eic prkouc n ou katookeudlovron amd to dnete 0,1, 2, 3 sivou
4" And avtéc, ovopdllovue dptiec Tic Aé€elc ou éxouv dptio aplBud
gppavicewv 0. Emopévwc, o aplBudc twv dptiwv AMé€ewv prkoug n
LooUTal e a, ko 0 aplBude Twv oXL dpTiwv Aéewv phikouc n LoolTal e
4" — a,.

‘Eotw o &ptioe AéEN wrikoug n+ 1. H NéEn apxiler eite pe 0, eite pe
1,2,3. Xtnv mpwtn mepimTwon, ta utdhotma n otouxeia TG AéENg
aotehobv pa dxt dptioe AéEN pikoug n, dpa vmdpyxouv 1 - (4" — a,)
dptiec Mé€eic prkoue n + 1 mou apyilouv pe 0. Ttic dAhec 3
TEPLTTMOOELG, T VTLOAOLTIL 11 oToLXelor Tng AéEng amtote ol o dptio
AEN prkoug n, dpo vttdpyxouv 3 - a, dptieg Aé€elg puikoug n+ 1 mov
apxilouv pe 1, 4 2, 4 3. And tov kavdva Tou abpolopatog Loydel 6tTL

any1=1-(4"—a,p) +3-a,=2a,+4".
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‘Aocknon 15
Na Bpebei o mAfboc Twv Siarpetdv Tou 1000.

loyVel 6tL 1000 = 103 = 23 .53,

Apa, kéBe Sraupétne Tou 1000 Bax éxel TV popyn 2 - 5* bmou
0<k,A<3.

Mo to k vtdpxouv 4 emloyéc.

Mo to A umdpxouv 4 emdoyéc.

Apat, attd TNV TOANATAACLALOTIKT oLpX T uTtdpxouv 4 - 4 = 16 Sioupéteg
Tou 1000.

(Awoupétec Tou 1000: 1, 2, 4, 5, 8, 10, 20, 25, 50, 40, 100, 125, 200, 250,
500, 1000).
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‘Aocknon 16
Na SeiyBei 611 0 aplBude Twv Tpérnwv Siauéoions n Sia popeTikwy

atéuwv oc k Siapopetikéc opud Sec e ny, Ny, ..., Nk LéAN avrioTtolya
n!

elvat loog ue ——.
nl!nz! cee nk!

Mo tv TpdTN opdda utdpyxouv (:1) emAoyég, Yo TNV deltepn opdda

VL&Y OUV (";2"1) eTAoyéc, yia TV TplTn opddo vTtdpyouv ("_';713_"2)
emAoyéc, K.0.K, Yia TNV k-00Th opdda uttdpyouv ("_"1_"2,7:"'_"“1)

edoyéc. Apa, To TAMBoc Twv TPdTwWY SLapéplonc LoouTol e

n n—n n—ny — np n—nyg—np—---— Nk
ny nz n3 Ny

n! (n—ny)! (n—n1—no)! o (n=m—np——ny_q)!
= m!(n—n1)! na'(n—n1—n2)! n3!(n—n1—na—n3)! n!(n—np—ny—--—ng)!
n!
n1!n2! s nk! '
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